Radon—Nikodym Theorem for Signed Measures. Let (X, &, ) be sigma finite and
suppose v is a signed measure on € such that v << p. Then there exists a measurable
function f such that [ f dy is meaningful and v(E) = [, f du for every E € €. Also

[0](E) = /E fldp, vH(E) = /E frdu, v (E) = /E fdu VEce.
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The function f is “unique a.e.” in the sense used in the Radon—Nikodym Theorem for

measures.



